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Abstract

A prominent size effect has previously been reported for the fracture be-
haviour of brittle porous materials, with smaller specimens behaving quite
differently to their larger counterparts. In such materials, the size of the
K-dominant zone has been numerically found to be greatly affected by the
presence of voids in the near-tip area, thus putting the assumption of a single
fracture parameter under question. In order to address this, in this study
mode I tests are conducted on porous double cantilever beam specimens,
while the stress distribution in the near-tip area is being observed by means
of photoelasticity. Results validate the predicted size effect and suggest that
the voids can indeed alter the size and shape of the stress pattern in the spec-
imens. A parametric study is then conducted to investigate the influence of
void shape variations that can be caused by manufacturing inaccuracies on
the stress concentration at the crack tip. It is found that although the stress
intensity at the crack tip can be greatly affected by such factors, the size of
the K-dominant zone remains unaffected.
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1. Introduction

Material characterisation through standardised testing involves several
specimens of specified dimensions in controlled conditions to extract repeat-
able, consistent results regarding a material’s property. However, the extrap-
olation of a material’s estimated property from a predefined specimen to a
generic geometry and size component is not always evident.

A number of theories attempt to resolve these discrepancies. Initially, any
inconsistencies in the scaling of a material’s strength were mostly attributed
to its stochastic distribution and the statistically increasing presence of flaws
with increased size, as described by the Weibull distribution [1]. Later exper-
iments in heterogeneous materials (e.g. [2–4] for concrete, [5–7] for polymer
foams, [8, 9] for composites), showed that the exhibited size effect can in-
stead be attributed to the material’s transition to plasticity in small scales. A
new strength scaling theory was established, suggesting that when the size of
the heterogeneity becomes comparable to the specimen’s significant dimen-
sions, the fracture process zone prevails and linear elastic fracture mechanics
(LEFM) no longer applies. However, the heterogeneous materials presented
in these studies are not purely brittle but quasi-brittle, exhibiting softening
effects and other energy dissipating micro-phenomena around the crack tip.

Small scale yielding (SSY) is a central concept of LEFM. Based on the
assumption of SSY, the fracture process zone exhibited in brittle materials
is very small, implying that any non-linear phenomena are negligible [10]. In
turn, it is assumed that there exists a relatively large zone, the K-dominant
zone, inside which it is considered that the near-tip stress field can be accu-
rately described by employing a single parameter, the stress intensity factor
(SIF), the critical value of which is constant for each material [11].

Experiments on brittle materials are mainly focused on homogeneous
specimens. However, even for this presumably predictable case, different
values of fracture toughness have been reported for different specimen con-
figurations or sizes, deviating from the usual scaling predicted by LEFM
[12–16]. In order to explain such discrepancies, scientists are rejecting the
notion of an indisputably large K-dominant zone and are investigating two
parameter models, including non-singular terms in addition to the SIF, to
more accurately and consistently predict the fracture toughness of different
specimens.

Two-parameter models that include the second, non-singular term of
the William’s equation [17], the T-stress, are the most widely investigated
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[16, 18–22]. Results show that using such models can more accurately pre-
dict the behaviour in a variety of materials for mode I, II and mixed modes
of fracture. Some studies on the mode I behaviour of brittle materials have
alternatively included the third term of the William’s equation, A1/2, which
is also non-singular. Again, accuracy in the predictions of the material’s be-
haviour increased [14, 23, 24] even in the case of heterogeneous materials, and
more specifically composites [23]. In fact, in homogeneous specimens made
of poly (methyl methacrylate) (PMMA) the consideration of two-parameter
models has been reported to increase by a significant amount the accuracy of
the estimated results [14, 15], both when the T-stresses or the A1/2 stresses
are considered. Currently there exists no conclusive proof as to which non-
singular term should be preferred over the other in brittle materials [13, 15],
albeit the need to include extra terms is clear.

The importance of the non-singular stresses in brittle materials can also
be visually identified by observing the near-tip stress field by means of pho-
toelasticity [25–29]. For homogeneous specimens, the photoelastic fringe pat-
tern under mode I loading follows a concentric ellipsoidal pattern, originating
at the crack tip. This fringe pattern can then be numerically reconstructed
and compared with the experimentally obtained images in order to identify
the number of terms needed to accurately approximate numerically the ex-
perimental results. In all studies, the inclusion of non-singular terms in the
reconstruction of the near-tip field increased the accuracy of the estimations,
while often multiple additional terms were needed to precisely capture the
experimental results.

The significance of non-singular stresses on the size effect observed in
porous materials has been previously investigated by the authors numerically
[30], where a two-dimensional, quasi-isotropic material with circular pores
arranged in an equilateral triangular array was studied in mode I fracture.
The results showed that the existence of porosity can significantly reduce
the size of the K-dominant zone, causing variations in the estimated stress
distribution at the crack tip for different specimen sizes and porosity levels.

In the present study, mode I experiments were performed on double can-
tilever beam (DCB) specimens, perforated with arrays of holes. The stress
at the crack tip for a given load was estimated to confirm the existence of
a size effect in brittle porous materials, while the specimens were observed
by means of photoelasticity to provide proof of the influence of the pores on
the near-tip stress field. A numerical model was then created and the results
produced were compared against the experimental results to investigate the
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influence of non-singular stresses on the specimens’ behaviour. A paramet-
ric investigation was subsequently carried out to investigate the impact of
manufacturing inaccuracies in the pores’ shape on the measured properties.

2. Methodology

2.1. Experimental methods

There currently exists no experimental testing standard for mode I frac-
ture of brittle porous materials. The most commonly used testing standard
found in the literature is ASTM D5045 (e.g.[5–7]), which refers to compact
tension (CT) and single-end-notch bending (SENB) specimens of non-porous
plastic materials. In this study, the linear elastic progression towards frac-
ture is studied, rather than the fracture toughness value which is usually
the value of interest. Thus, precise measurements are required during the
specimens’ loading. Consequently, double cantilever beam (DCB) specimens
were preferred which can achieve larger displacements at the loaded end for
smaller loads. Thus, specimen design and testing was mainly based on ASTM
D5528, while ASTM D5045 was consulted for insights on polymer material
testing specifics.

The specimens were manufactured by laser-cutting a 10 mm thick PMMA
sheet, procured by Stockline plastics. The selected sheet thickness was used
to ensure plane strain throughout the specimen. PMMA was selected as it
is both brittle and transparent, allowing for the visualisation of the near-tip
stress field using photoelasticity. Cast PMMA was preferred over extruded
sheets to ensure a greater degree of isotropy in the specimens’ behaviour.
The laser-cutting was done on the Speedy 400 machine by Trotec, using a
program job control with the following parameters: Power = 100 Watts,
Speed = 0.1 inch/sec, Frequency = 5000 hz. The lens used was a Silicon
REFLECTOR with a 24.4mm diameter and a thickness of 6mm. However,
since the results presented here are normalised with the value of the homo-
geneous case and the materials studied are brittle, it can be argued that the
normalised values and relative differences between specimens of different con-
figurations would remain the same, regardless of the specific manufacturing
conditions or material properties.

In order to address the size effect, specimens of three different sizes were
examined, each one being four times larger than its smaller counterpart (spec-
imen of 1, 2 and 4 rows of voids per arm, Ncy, were manufactured). The
aspect ratio of the specimens was kept constant at W/h = 12 for all sizes,

4



(a)

(b) (c)

Figure 1: Designed and manufactured specimens. (a) Design variables. The definition
of the axes x and y are shown on the figure, with x being in the direction of the crack
propagation. The same orientation of all pictures of the specimens is kept throughout the
chapter.

(b) Manufactured specimens of all three different sizes. (c) Crack tip as seen
in an optical microscope. The crack tip radius was found to be 150 µm.

where W and h are the specimen’s length and height respectively as depicted
in Figure 1a. Using laser-cutting, a horizontal crack was created in the mid-
plane of each specimen, with a crack length to total specimen length ratio
approaching α/W = 0.5, where α is the crack length. It has been shown [30]
that the local stress intensity oscillates greatly for varying locations of the
crack tip with respect to the nearest void. In order to produce comparable
results, in all cases the crack tip was designed to be directly below the void,
thus producing small variations in the value of the α/W ratio.

Note that the crack was laser cut and was not sharpened further with
the use of a sharp razor, as described in ASTM D5045. Due to the different
specimen configuration (here, DCB is used instead of SENB or CT, which
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are suggested in ASTM D5045), the insertion of a razor in the crack tip is a
lot more challenging and would require a very thin razor. However, when a
razor of 100 µm was used, it was not stiff enough to further sharpen the crack
tip. Figure 1c shows the near-tip area of the manufactured specimens with
the laser-cut crack, magnified using an optical microscope. The crack-tip
radius was measured to be 150 µm (Figure 1c). Previous studies have shown
that the pre-conditioning of the crack tip can impact the measured fracture
toughness [31, 32] and fracture mechanics dictates that the stress intensity
would be lower for blunt notches. However, in this study the focus is on
the relative stress intensity differences between specimens of different sizes
and porosity levels. As such, all values obtained from the porous specimens
will be normalised by the values of the respective homogeneous specimens,
which are manufactured by the same way and are characterised by the same
crack tip radius. Thus, it is expected that this crack tip imprecision will be
normalised out.

Porosity in the specimens was introduced in the form of circular voids,
arranged on a square array. Two different levels of porosity were examined,
namely 15 and 30 %, that correspond to a void diameter of approximately 1.4
and 2 mm respectively. The distance between consecutive voids was designed
as Sizex = 3.5mm and Sizey = 3mm in the x- and y- direction respectively
(see Figure 1a). A series of homogeneous specimens was also manufactured
and tested in order to provide a baseline for normalisation. Three specimens
were tested for each different configuration, leading to a total of 27 specimens
(3 specimens, 3 values of Ncy =1, 2, 4 and 3 porosities P = 0%, 15% and
30%).

Before testing, the manufactured specimen (Figure 1b) were subjected
to a quality control procedure to ensure their geometrical consistency. Self-
similarity between all different types of specimens was validated by means of
weighing each specimen. In order to assess the fidelity of the manufactured
specimens to the design specifications, each specimen’s surface was scanned
and the image was then processed in an in-house MATLAB code to extract all
values relevant to the designed void pattern, including the void’s dimensions
and inter-void distances.

Mode I testing was conducted on an Instron Electroplus E3000 with a
constant loading rate of 5 mm/min to avoid viscoelastic deformations. The
specimens were loaded up to a certain value, below the critical point, and then
unloaded at a constant rate. Note that the specimen remained within the
linear elastic region and crack propagation was not reached. ASTM D5528
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suggests a number of correction methods to account for the effects caused by
crack front rotation on the estimated energy release rate GI . However, in this
study, since the specimens did not reach crack propagation, these methods
are not applicable and thus GI was estimated from the load-displacement
graphs using the simple beam theory expression for the DCB specimens:

GI =
3Fδ

2Bα
(1)

, where F here is the load and δ is the displacement.
This study though, is focused on the stress intensity on the crack tip,

instead of the energy release rate. Since the material is assumed to remain
in the linear elastic region, and plane strain conditions prevail, the stress
intensity KI (not to be confused with the critical stress intensity factor) was
then estimated from the energy release rate GI as:

KI =

√
GIE

1− v2
(2)

During loading, the near-tip stress field was monitored with the use of a
linear polariscope to obtain qualitative results on the influence of porosity
on the near-tip stress field.

2.2. Numerical approach

In order to validate the experimental results, two-dimensional Finite El-
ement (FE) models of the specimens were created, using the commercial
software ANSYS. The cornerstone of the model is a rectangular unit cell of
size Sizex = 3.5mm and Sizey =

√
3Sizex/2 ≈ 3mm in the x- and y- di-

rection respectively (Figure 2). Each unit cell contains a single void whose
centre is coincident with the centre of the unit cell.

The 8-node two-dimensional element Plane 183 was used to create a struc-
tured mesh on each unit cell, comprising of 16 and 14 equal-sized elements in
the vertical and horizontal direction respectively. In order to achieve mesh
convergence in the near-tip area, the horizontal boundaries of the unit cells
immediately adjacent to the crack-tip are refined 4x times, giving a total of
56 and 16 elements in the horizontal and vertical direction respectively.

By repeatedly regenerating the described unit cell, models of different
sizes were created (with a number of rows of voids Ncy = 1, 2, 4 to reflect
the manufactured specimens), with a constant aspect ratio of 12 for all cases.
Due to the symmetric nature of the mode I tests, only half the model was
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generated and appropriate symmetry boundary conditions were added on the
model.

As in the experimental case, porosity was introduced in the form of cir-
cular voids, placed on a square array with diameters equal to 1.4 and 2mm.
Five different locations relative to the nearest void were considered for the
crack tip position, starting at the lower right corner of the unit cell (sx = 0)
and advancing the crack tip by one quarter of the unit cell’s length up to
the other end of the unit cell (sx = 1) (Figure 2). Note that the crack tip
locations are at the bottom of the unit cell (red triangles) and voids do not
intersect the crack surface. The models were then loaded with a single point
load at the cracked end of the specimen. The load for each size and crack
length advancement sx was scaled, so that a constant moment is applied on
the crack tip, thus mainting the stress intensity of all homogeneous speci-
mens at a constant value. Since the estimated values of the stress intensity
are all normalised with the respective values of the homogeneous case, and
given the fact that the behaviour of the studied specimens is linear elastic,
the exact value of the point load is inconsequential on the values presented
below. In this study, a perfectly brittle material was assumed with a matrix
Young’s modulus of E = 3GPa and a Poisson ratio v = 0.35. Yet, again, the
specific values used are insignificant, as all results will be normalised.

Figure 2: Unit cells used for the numerical models. The unit cell on the left is 4x refined
compared to that on the right and was used near the crack-tip to improve numerical
accuracy. The crack tip locations with respect to the void, sx, are also pictured here.
The crack was always assumed to be facing towards the direction of the arrow. The red
triangles at the bottom of the unit cell represent the crack tip locations.
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For each model the locations of all nodes in the extension of the crack
tip were exported, along with the y-direction nodal stresses at each node.
The stress intensity and amplitude of non-singular stresses at each location
was then estimated by using the projection method (previously used by the
authors in [30], originally presented in [33]), which is briefly described below.

The in-plane near-tip stress field can be described by the William’s asymp-
totic expansion [17] as: σrr

σθθ
τ rθ

 =
KI√
2πx

1

4

 − cos 3θ
2

+ 5 cos θ
2

cos 3θ
2

+ 3 cos θ
2

sin θ
2

+ sin 3θ
2

 + 4A0

 cos2 θ
sin2 θ

− sin θ cos θ


+

3A1/2r
1/2

4

 − cos 3θ
2

+ 5 cos θ
2

cos 3θ
2

+ 3 cos θ
2

sin θ
2

+ sin 3θ
2

 +
Higher
Order
Terms

(3)

When considering only the first three terms, the stresses in the y-direction
ahead of the crack tip (θ=0), where x can be substituted for r, is given by:

σyy(x) =
KI√
2πx

+ 3A1/2

√
x =⇒ σyy(x)

√
2πx = KI + (3

√
2πA1/2)x (4)

When plotting Equation (4), the value (3
√

2πA1/2), which constitutes
the amplitude of the A1/2 non-singular stresses, is represented by the slope
of the linear part of the stress distribution as x approaches zero. In this
study, this value is then normalised for size by multiplying with the crack
length α and is averaged for sx = 0-0.75, in order to produce a single value
for each porosity level and specimen size. This is referred to as the averaged
normalised amplitude of A1/2-stresses C̃ = (3

√
2πA1/2)α.

For infinitesimal distances from the crack-tip, Equation (4) converges to
the value of the stress intensity, which in this study is denoted with the
symbol, SI, in order to differentiate it from the critical stress intensity or
fracture toughness. This value is then normalised by dividing it by the stress
intensity for the homogeneous case, SIH = 31.81MPa

√
mm. The estimated

stress intensity factors for all different crack tip locations sx = 0-0.75 of each
type of model were then averaged to obtain a topology independent value,
which is referred to as the averaged normalised stress intensity, S̄IN.

The size of the K-dominant zone is estimated as the size of the region
inside which the analytical singular field can describe the stress-field to at
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least a 95% degree of accuracy. This degree of K-dominance is estimated as:

Λ =
σy

sing

σy
sing + |σy

non-sing|
(5)

, where

σy
sing(x) =

KI√
2πx

and σy
non-sing(x) = σyy(x)− σy

sing(x) (6)

3. Results

The isochromatic fringes for all cases are presented in Figure 3, along with
the ones predicted from FEA. Qualitatively, the experimental results appear
to generally agree with the numerically computed results in all different cases.
This acts as a preliminary validation of the numerical results.

For the homogeneous case (see Figures 3c 3d, 3g and 3h) we can see,
both experimentally and numerically, that the isochromatics follow a smooth
pattern, with ellipsoidal hoops expanding behind the crack-tip for a certain
length, as is expected for Mode I loading [27, 29]. The photoelastic fringe
for all sizes of the homogeneous case exhibit the same trends in shape, with
the zone in which these stresses appear seeming to scale proportionally with
size.

The isochromatics presented in porous materials show a quite different
picture (Figures 3a, 3b, 3e and 3f). The perforations in the material seem
to act as a disturbance in the expansion of the stress field in the near-tip
area, altering the general shape and size of the stress distribution. In fact,
for specimens with just one row of unit cells per arm (Figures 3a, 3b), the
isochromatic fringe is mildly changed through the existence of the voids,
though retaining its similarities to the homogeneous case. However, in larger
specimens (Figures 3e, 3f) a more chaotic pattern is exhibited, with seemingly
little correlation to the original, ellipsoidal hoops. The FEA models capture
the size and general shape of these stress fields satisfactorily.

The photoelastic fringe pattern has been used in previous research to
experimentally estimate the stress intensity factor and indicate the need of
the inclusion of non-singular terms in the estimation of the stress intensity
factor in homogeneous specimens of varying sizes and configurations [25–28].
In porous materials, due to the widely irregular nature of the fringe pattern,
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(a) (b)

(c) (d)

(e) (f)

(g) (h)

Figure 3: Isochromatic fringes in specimens during mode I loading. Left side: Fringe
patterns (top) and respective FEA results (bottom). Right side: Dark field isochromatics.
(a) & (b): Porous specimen with Ncy=1, (c) & (d): Homogeneous specimen with Ncy=1,
(e) & (f): Porous specimen with Ncy=4, (g) & (h): Homogeneous specimen with Ncy=4
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the coefficients of the Williams series cannot be extracted. However, a visual
inspection clearly shows that the existence of pores acts as a disturbance
in the expansion of the stress field in the near-tip area, which could justify
the need to include non-singular terms, in addition to the singular term, to
accurately reconstruct the isochromatics pattern.

Quantitatively, testing revealed consistent behaviour between all speci-
mens of different types, with minimal standard deviations (Figure 4), ensur-
ing the repeatability of the presented results. It is important to note that
the experimental results only refer to one location of the crack tip with re-
spect to the void. As described in the methodology section, the specimens

Figure 4: Numerical variation in SIN within unit cell with experimental data points ap-
pended for each different size: (a) Ncy=1, (b) Ncy=2, (c) Ncy=4. (d)Experimental size
effect with numerical results averaged for sx (S̄IN ). Even though the numerical predictions
underestimate the experimental results, they both exhibit the same trends.
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were designed so that the crack tip location with respect to the voids is lo-
cated below their centre (or sx=0.5 as seen in Figure 2 ). However, due to
manufacturing constraints, the total crack length had a variation of 0.5mm,
which, given the small size of each unit cell, results in crack tip locations in
the range of approximately sx = 0.4 - 0.65.

Figures 4a, b, c show the numerically predicted variation of the nor-
malised stress intensity within a unit cell, plotted along with the results of
the experiments. The experimental data points are placed in the x axis at
the approximate location where the crack tip was found to be located from
the quality control procedure for each specimen size. For all different sizes
and porosities, the numerical results have underestimated the experimental
values. In fact, the higher the porosity, the larger the deviation between the
experimental and numerical results.

These deviations can be attributed to limitations during manufacturing.
During the quality control of the specimen it was found that even though
the topology of the voids was accurately manufactured, the voids’ diameters
exceeded the designed value by a factor of approximately 10% (i.e. 0.14 mm)
which is attributed to laser stretching. Additionally, the circularity of the
voids was found to deviate by an averaged factor of 0.15, while the average
eccentricity of the voids was estimated to be 0.35. In the specimen with the
2mm void diameter, due to the close tolerances, the crack was sometimes
found to be located slightly off from the mid-plane, which could give rise to
mode II phenomena as well. Nevertheless, this study aims to highlight trends
in the behaviour of porous materials in mode I fracture and not validate
precise numerical values.

With the exception of the specimen with Ncy=1, the numerically pre-
dicted variation of the stress intensity around the void is limited (Figures
4a, b, c). At the same time, the crack tip for each manufactured specimen
type might have minimal variations in its crack tip location sx, as described
previously. Therefore, an averaged value of the numerical results for sx =
0-0.75 (sx=1 is excluded due to periodicity) is used as a baseline for the ex-
perimental results. The experimental results are compared to the averaged
baseline in Figure 4d.

As expected, porous materials appear weaker than the homogeneous ma-
terial (SIN = 1 for all sx values of the homogeneous case), with the stress
intensity at the crack tip increasing for increasing porosity. Experimental
findings also show a strong size effect, with smaller specimen exhibiting lower
normalised stress concentration at the crack tip than their larger counter-
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parts, which are then seemingly converging to a constant value for increasing
size. This behaviour is consistent with the numerically predicted results for
both, the exact representation of the tested specimens, and specimens of sim-
ilar configuration, where the voids were placed in a triangular array and the
specimen’s aspect ratio was large enough to assume the existence of a long
crack [30].

Previously, the authors have correlated this size effect to the significance
of the A1/2 non-singular stresses [30]. It was found that even 5% porosity
can shrink the size of the K-dominance zone to 50% compared to the homo-
geneous case. Thus, it was suggested that in the case of porous materials it
cannot be safely assumed that the non-singular stresses can be neglected. In
fact, the normalised stress intensity at the crack tip was found to be empiri-

cally correlated by a geometrical parameter (F 1 =
√
P/Ncy) with the A1/2-

stresses, which in turn can be uniquely described by a function of a different
geometrical parameter (F 2 = 1/NcyP ). Both parameters were functions of
the specimen’s porosity, P , and number of rows of voids in the vertical di-
rection, Ncy, and by dividing F 2 with F 1 we get the geometrical dependency
coefficient:

Dc =

√
1

NcyP 3
(7)

Based on this coefficient, for the idealised models studied previously by
the authors [30] (where the voids triangular topology implied quasi-isotropic
behaviour and the specimen’s aspect ratio ensured a long crack), a piece-
wise model was empirically derived, with a unique function for models with
just one row of unit cells per specimen arm (black dashed line on Figure 5,
S̄IN |Ncy=1

) and a different, unique function for larger models (black dotted

line on Figure 5, S̄IN |Ncy=2−6
). The data used for this model are the averaged

values of the numerically predicted SIN , for values of sx = 0 − 0.75 of the
idealised models.

The empirical model of [30] largely underestimates the values of the ex-
perimental results found in this study. As the idealised numerical model and
the numerical model representing the experimental results are not expected
to deviate much (which can also be seen by comparing the values of the av-
eraged SIN between the two papers), the deviation of the empirical model
with the epxerimental results is attributed to the manufacturing inaccuracies
of the specimens, as also described above.
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Figure 5: Comparison of experimental results with fitted model from [30]. The numerical
model forSIN|Ncy=1

represents specimens with one row of per voids per specimen arm,
while the one labelled SIN|Ncy=2-6 represents larger specimens.

Still, the experimental results of this study appear to be strongly corre-
lated with the parameter Dc (Figure 5) and the general trends indicated by
the empirical models remain, with specimens of lower Dc values, exhibiting a
sharp increase in their stress intensity. Additionally, specimens with Ncy = 1
exhibit lower stress intensity values, that appear to comply with numerical
results, which also predict a distinct curve for models with just one row of
unit cells per specimen arm. Hence, the experimental results provide fur-
ther evidence that the suggested geometrical coefficient Dc is linked with the
stress intensity at the crack tip of a porous material.

4. Effects of manufacturing inaccuracies on the stress intensity at
the crack tip

The above experimental study validates the size effect and further sup-
ports the significance of non-singular stresses in specimen with arrays of
voids. However, during manufacturing of such structures, the voids devi-
ate from the ideally designed shape and can have different eccentricity or
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circularity values. In fact, porous materials occurring from more stochas-
tic procedures than a pre-designed laser cutting (e.g. water blown free rise
polyurethane foams) can have highly anisotropic void shapes. The ellipsoidal
shape of the voids formed during foaming has been found to greatly influence
the material’s stiffness during various loading types like tensile [34, 35], com-
pression [36, 37], and impact loading [38]. With respect to mode I fracture,
the influence of void anisotropy has been investigated for ductile materials
[39] and cases where the crack tip is located in the void, for infinite materi-
als [40]. To the authors knowledge, the effect of the shape of a void in the
near tip area on the stress intensity and the size of the K-dominance zone in
brittle, finite size specimens, has not yet been addressed.

In order to investigate the impact of the voids’ shape on the stress con-
centration at the crack tip, a parametric study was conducted. Models with
elliptic voids (to account for differences in eccentricity) and square voids with
rounded edges (to account for differences in circularity) were considered (Fig-
ure 6). The elliptic voids have a closer resemblance to the natural cell shape
that is formed in free-rise foams as the gas trapped in the liquid foam rises to
the surface before it solidifies. The shape anisotropy ratio, S, of the elliptic
voids is considered as the ratio of the void size in the x direction over the
void size in the y direction. For this study two different shape anisotropy
ratios were considered, one where the x-direction void size is double that of
the y-direction (S=2, Figure 6a) and one where it is half of it (S=0.5, Figure
6b). Cases more exaggerated than those that occurred from manufacturing
inaccuracies were considered to highlight the differences.

For most cases, models of three porosities were created, approximating
5, 20 and 30%. Note that for the case of the elliptic voids elongated in

(a) (b) (c)

Figure 6: Models with different void shapes investigated in parametric analysis. (a) Voids
elongated in x-direction, OV, S = 2, (b) voids elongated in y-direction, OV, S = 0.5, (c)
voids with rounded rectangle shape, SQ
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the y-direction (S=0.5), the void diameter corresponding to 30% porosity
intersected the unit cell’s horizontal boundaries and thus was not considered.
During this parametric study, the voids in all models are distributed in an
equilateral triangle topology, to approximate isotropy.

Figure 7a plots the normalised stress intensity of all models against their
size. Results show that the orientation of the elliptic voids significantly
changes the material’s behaviour. More specifically, when the voids major
axis is parallel to the crack, the stress intensity at the crack tip diminishes,
tending towards the behaviour of the homogeneous specimens and implying
apparently tougher behaviour than their perfectly circular equivalent. On
the contrary, when the void is rotated 90° so that the major axis of the
void is perpendicular to the direction of the crack, the stress intensity at the
crack tip rapidly increases. Models with rounded rectangle voids exhibited
a very similar behaviour to the idealised case of circular voids, although for
higher porosities the stress intensity at the crack tip was slightly diminished.
Despite the large differences exhibited by the stress intensity, the size of the
K-dominant zone remains almost constant for all cases (Figure 7b) and any
variations in it are not enough to justify the large differences in the stress
intensity estimation. Thus, non-singular effects are not uniquely responsible
for changes in the observed stress intensity at the crack tip.

Figure 8a plots the amplitude of the A1/2-stresses, C̃, against the geo-
metrical parameter F 2, which was shown in [30] to uniquely describe the
variation of A1/2-stresses with the material’s geometrical features. Indeed,
even for the case of porous materials with different void shapes, the ampli-
tude of A1/2-stresses seems to agree with the value of the idealised case of
circular voids, represented in Figure 8a by the black dotted lines. Different
dotted lines represent different specimen sizes, though their exact labelling
is not important in this case.

Conversely, when plotting the normalised stress intensity SIN against the
geometrical parameter F 1, multiplied by the normalised amplitude of A1/2-
stresses (Figure 8b), the parametric models deviate from the idealised case of
circular voids (again, the black, dotted lines on the graph), forming distinct
curves for each different void shape. Yet, the trends between these two
plotted values remains the same, even if there is not a unique correlation for
all material topologies.

This deviation from the idealised case is also reflected when plotting the
results as a function of the geometrical parameter Dc (Figure 9). Even though
the previously estimated empirical model (dotted lines) can provide an ap-
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Figure 7: Influence of void shape on size effect of porous materials. Dotted lines represent
the idealised case of a perfectly circular void. (a) Normalised stress intensity at the crack
tip for different void shapes, (b) Size of K-dominance zone versus the size of the specimen.
The annotated percentages on both graphs refer to the idealised case.

proximate, average estimation of the expected stress intensity for all different
models, it is not an accurate representation. Nevertheless, each model of a
different void shape follows a similar pattern, despite the difference in their
exact values. This provides further evidence that the geometrical dependency
coefficient Dc has a strong influence on the stress intensity at the crack tip
of porous materials. The experimental results are also plotted on Figure 9
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for comparison.
The presented results show that during mode I fracture, the void shape of

porous materials significantly affects the stress at the crack-tip. While non-
singular stresses, A1/2, still appear to have a direct impact on the scaling
of the normalised stress intensity for different sizes and porosity levels, the

Figure 8: (a) Normalised amplitude of A1/2-stresses versus the geometrical factor F 2

that has been found to uniquely describe them for perfectly circular voids (dashed line
represents the homogeneous case), (b) Average normalised stress intensity at the crack tip
versus the amplitude of the A1/2-stresses, multiplied by the geometrical factor F 1
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Figure 9: All parametric and experimental results against the empirical model suggested
in [30]. Although exact values may differ, the general trend can be captured by the
geometrical dependency coefficient Dc for all cases.

exact relationship linking them together might be more complicated than the
one that was previously presented for the idealised case in [30].

So far, the only geometrical parameters studied are governed by global
material characteristics (the porosity and number of voids in the y direction,
which is an extension of the cell density). However, the relationship between
the stress intensity at the crack tip and the material’s mesostructure may
in fact be additionally dependent on local factors, like the proximity of the
voids to the crack tip and the stochasticity of their distribution on the near-
tip area. An in-depth investigation should be performed, encompassing more
parameters, in order to be able to achieve a better understanding of porous
materials’ behaviour and provide insight on how a material’s mesostructure
in the near-tip area can affect the material’s properties.

5. Conclusions

The presented work investigates, both numerically and experimentally
the existence of a size-effect in brittle porous materials and addresses the
effect of non-singular, A1/2-stresses on the material’s behaviour. The key
findings can be summarised as follows:

1. Mode I experiments on DCB PMMA specimens were performed to val-
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idate the existence of a size effect in porous materials. Results showed
that this size effect can indeed be experimentally observed and was
found to follow the same trend as the one predicted numerically. Nu-
merical values, though, underestimated the experimental results, which
can be attributed to manufacturing inaccuracies.

2. In order to address such inaccuracies, a numerical parametric analysis
was conducted, investigating the influence of variations in the shape
of the voids in the near-tip field. It was found that even though such
variations can have a great influence on the exhibited stress at the
crack tip, the amplitude of the A1/2 non-singular stresses remain almost
unaffected for all different void shapes studied.

3. The geometrical dependency coefficient Dc has been found to be strongly
correlated with the stress at the crack tip for both experimental and
numerical parametric results. However, the empirical relationship pre-
dicted in [30] does not seem to be able able to fully predict the nor-
malised stress intensity for all cases. More parameters governing the
mesostructure need to be investigated, which could also have a direct
impact on material’s behaviour in mode I loading, additional to the
A1/2 non-singular stress variations.
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